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Computer-measuring system of the induction motor’s  
dynamical torque-speed characteristics 

In the article an efficient method of determining the dynamic torque-speed characteristic of induction motors 
and the computer-measuring system for its realization is considered. In this method, the additional flywheel is 
used, the dynamic measurements of the angular speed as a function of time are taken at the start, after the end 
of the transition process, and at during the self-braking mode of the induction motor. For approximating the 
data that are obtained as a result of the measurements, the moving average algorithm is used. Also, with the 
help of this system, the inertia moment, angular speed dependence on time, electromagnetic dynamic moment 
dependence on time, electromagnetic dynamic power dependence on time, mechanical dynamic power de-
pendence on time, and dynamic loss in rotor winds dependence on time are measured. In the article, the re-
sults of experimental measurements of the induction motor characteristics using a proposed computer-
measuring system are given. The proposed system is experimental; in the future, it can be used to test induc-
tion motors during their production processes. 

Keywords: computer-measuring system, dynamic torque-speed characteristic, induction motor, moving aver-
age algorithm. 

 
The measurement of the dynamical torque-speed characteristic is important in the electrical machine 

check for all kinds of electrical machines. The three-phase alternating current motors with short-circuit rotors 
(induction motors) are widely used in a variety of industrial applications due to their rather simple design. 
Determining the parameters of induction motors by their torque-speed characteristic is important for the 
proper use of the motors since the torque moment and the mechanical losses must be agree [1]. It is common 
practice to determine the dependence of the torque moment from the angular speed for the study of a motor 
characteristics in the static and dynamic modes of its operation. 

The authors in [2] consider an efficient method of determining the maximum performance torque-speed 
characteristic for an induction motor drive. This method is based on a mathematical model that provides a 
method of calculation for the output power, the apparent power, the power factor, and the efficiency vs the 
speed. The proposed method is applicable to the analysis of induction motors based on the results of measur-
ing their output characteristics. The authors in [3–6] deal with the practical application of the acceleration 
method for evaluating induction machine torque-speed and current-speed characteristics. Also, this paper 
considers the influence of the time measurement on the shape of torque-speed characteristics. However, this 
method does not take into account the accurate value of the moment of inertia of the electric motor rotor. The 
authors of [7] describe the measuring method for determining the torque-speed characteristic of an induction 
machine, which is determined by recording and differentiating the speed signal during the starting of the ma-
chine. In the proposed system, the data is gathered using a measuring system based on a digital acquisition 
card and processed in custom software, built using LabVIEW, on a personal computer. This system does not 
take into account the mechanical losses on the electric machine shaft and the accurate value of the rotor’s 
moment of inertia. The authors in [7–9] present a measurement method for the determination of the torque-
speed characteristics of induction motors, which is in compliance with the IEEE standard test procedure for 
polyphase induction motors and generators [1]. To implement this method, dynamic measurements of the 
angular speed as a function of time are carried out. Afterward, digital filtering of the obtained data is carried 
out, then the dependence of the angular acceleration as a function of time is calculated using digital differen-
tiation. On the basis of this dependence, the torque-speed characteristics are calculated. In this method, the 
measurements are taken with no load on the motor shaft. The dynamic measurements of the angular speed as 
a function of time are taken during the start and after the end of the transition process, and the measurements 
in the process of the self-braking mode are not carried out. The authors in [10, 11] describe the use of a 
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curve-fitting technique to deduce the nominal torque-speed characteristic of a three-phase induction motor 
from the speed data obtained in a no-load acceleration test. In paper [12] the authors propose the measuring 
method of the rotor moment of inertia at the use of various numbers of additional flywheels. In this method, 
B-splines are used for the processing of measured data obtained during the start. In this case, a determination 
of the torque-speed characteristics during the self-braking mode is not carried out. 

There is a group of methods based on the computation of the torque-speed characteristic on the basis of 
the induction motor parameters, mathematical model or substitution schemes of the induction motor [13–17]. 
These methods are often used in automated electric drives, but they do not take into account the exact values 
of the mechanical losses and the moment of inertia. This is the reason for the additional measurement error. 

One of the most labor-consuming operations that electrical machines check is the measurement of the 
dynamical torque-speed characteristic. The dynamical torque-speed characteristic is a very informative char-
acteristic; it increases the probability of being able to determine certain parameters of the electrical machine, 
such as the starting, minimum, maximum, nominal, and critical moments. Using synchronous hollows of the 
dynamical torque-speed characteristic it is possible to analyze the condition of electrical machine isolation. 
However, due to the lack of necessary measuring devices, the dynamical torque-speed characteristic in some 
cases is not supervised. The main parameters of the dynamical torque-speed characteristic are the rotor iner-
tia moment and the moment of mechanical losses. Most of the existing means for measuring the dynamical 
torque-speed characteristic admit, that the moment of mechanical losses is constant when actually, it is a 
function of the shaft angular speed. The moment of inertia is determined through different means of meas-
urement that are all time-consuming. 

Thus, there is a necessity for a more exact and automated measurement of the inertia moment and mo-
ment of mechanical losses for determining the dynamical torque-speed characteristic. This requires a com-
puter-measuring system of the induction motor dynamical torque-speed characteristics with improved metro-
logical parameters, which uses various modes of the induction motor operations. 

The authors offer a method of measuring the dynamical torque-speed characteristic, which consists of 
the following. 

The dynamical torque-speed characteristic is dependent on the moment on the shaft of the electrical 
machine dM  at an angular speed: 

 ( ) 0( )d
dM J M
dtω ω
ω= ⋅ + , (1) 

where J  — rotor inertia moment; 0M  — moment of mechanical losses; ω  — angular speed of rotor; and  

t  — time. A necessary condition for its realization is the availability of the additional inertia moment mJ , 
executed in a kind, simple body of rotation; for example, a disk or a cylinder. The additional inertia moment 
size is calculated by its geometrical and weight parameters. 

First, the dependence of the angular speed on time in two modes of the induction motor operation with-
out an additional inertia moment is measured. During the time of the transient mode (after starting) the de-
pendence of angular speed sω  on time is measured, at achievement of synchronous speed the induction mo-
tor is disconnected from the power supply. Furthermore, during its self-braking mode, the dependence of 
angular speed 1bω  on time is measured. 

Third, when the induction motor has been stopped on the shaft end, the additional inertia moment mJ  is 
established; then, the induction motor is started. After achievement of synchronous speed the induction mo-
tor is disconnected from the power supply, and during its self-braking mode, the dependence of the angular 
speed 2bω  on time is measured. 

Accordingly, the induction motor movement equations without an additional inertia moment and with 
an additional inertia moment mJ  are outlined in the following equation. 

 

0

1 0( )

2 0( )

( ) ( ) ( )

0 ( )

0 ( ) ( ) ,

el s

b

m b

M J M
J M
J J M

ω

ω

 ω = ⋅ε ω + ω


= ⋅ε ω +
 = + ⋅ε ω +

 (2) 

where ( )elM ω  — electromagnetic moment; ( )sε ω  — rotor angular acceleration dependence on the angular 

speed of the rotor throughout the transient mode (after the start); 1( )bε ω  — rotor angular acceleration de-
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pendence on the angular speed of the rotor during its self-braking mode without the additional inertia mo-
ment; 2 ( )bε ω  — rotor angular acceleration dependence on the angular speed of the rotor during its self-
braking mode with the additional inertia moment. 

The methodical basis of an offered method is to decide on a system from three equations (2) with three 
unknown parameters: ( )elM ω , 0( )M ω  and .J  After moving the unknown parameters of system (2) to the left-

hand part, we obtain the following equation: 

 
0

0( ) 1

0( ) 2 2

( ) ( ) ( ) 0

( ) 0

( ) ( ).

el s

b

b m b

M M J
M J
M J J

ω

ω

 ω − ω − ⋅ε ω =

− − ⋅ ε ω =
− − ⋅ ε ω = ⋅ε ω

 (3) 

Having decided on a common second and third equation of a system (3), we obtain the following equa-
tion: 

 2

1 2

( )

( ) ( )
b

m
b b

J J ε ω= ⋅
ε ω − ε ω

;  (4) 

 1 2
0

1 2

( ) ( )
( )

( ) ( )
b b

m
b b

M J ε ω ⋅ ε ωω = ⋅
ε ω − ε ω

. (5) 

Value of inertia moment J  is averaged in all ranges of the induction motor angular speed. The elec-
tromagnetic moment elM  is determined from the first equation of system (3) 

 1 2

1 2

( ( ) ( )) ( )
( )

( ) ( )
s b b

el m
b b

M J ε ω − ε ω ⋅ε ωω = ⋅
ε ω − ε ω

. (6) 

( )elM ω  is a dynamic electromagnetic moment without a moment of mechanical losses 0 ( )M ω . The 

complete dynamic moment 0 ( )M ω  is determined from 

 2
0

1 2

( ) ( )
( ) ( ) ( )

( ) ( )
s b

d el m
b b

M M M J ε ω ⋅ε ωω = ω + ω = ⋅
ε ω − ε ω

. (7) 

The offered method can be applied to the determination of the inertia moment J  and moment of me-
chanical losses 0( )M ω . For this purpose, it is necessary to conduct two experiences of self-braking and to de-

termine the required parameters under the formulas (4)–(5). The offered method enables the determination of 
not only the dynamical torque-speed characteristic but other characteristics of the induction motor in a dy-
namic mode of its work [18], including: 

− the electromagnetic dynamic mechanical characteristic ( )elM ω ; 

− the electromagnetic moment ( )elM t ; 

− the dynamic mechanical characteristic ( )dM ω ; 

− the dynamic moment ( )dM t ; 

− the angular speed at the induction motor’s various modes ( )f tω= ; 

− the sliding ( )s f t= ; 

− the rotor inertia moment J ; — the electromagnetic dynamic power ( )elP f t= , ( )elP f= ω : 

 el elP M= ⋅ω ; (8) 

− the mechanical dynamic power ( )mP f t= , ( )mP f= ω : 

 (1 )m elP P s= ⋅ − ;  (9) 

− the dynamic loss in rotor winds ( )lP f t= , ( )lP f= ω : 

 l elP P s= ⋅ .  (10) 
Essentially, it enables the expansion of an area to occur using a given method. 
To implement this method, an experimental computer-measuring system of the induction motor’s dy-

namical torque-speed characteristics was developed. The appearance of the experimental setup for the com-
puter-measuring system is shown in Figure 1, and the computer-measuring system structural scheme is 
shown in Figure 2. 
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In general, the algorithm of the computer-measuring system of the induction motor’s dynamical torque-
speed characteristics is as follows: 

1. Formation of a signal to control the supply driver to turn on the motor. 
2. Measuring the carrying out angular speed dependence on time during the starting of the motor. 
3. Formation of a signal to control the supply driver to turn off the motor. 
4. Measuring the carrying out angular speed dependence on time during the motor’s self-braking mode. 
5. Transfer of measurement results to a PC. 
6. Attaching an additional flywheel to the motor shaft to measure the moment of inertia. 
7. Repeat steps 1–5 with the additional flywheel installed. 
8. Processing of measurement information on a PC. 
Figure 3 shows the experimental measurement results of the angular speed dependence on time during 

the starting of the motor. Figure 4 shows the experimental measurement results of the angular speed depend-
ence on time during the motor’s self-braking mode. 
 

 

Figure 3. Experimental measurement results of the angular speed dependence  
on time during the starting of the motor 

 

 

Figure 4. Experimental measurement results of the angular speed dependence  
on time during the starting of the motor 

To determine the dependence of the angular acceleration on time for further calculation of the dynam-
ical torque-speed characteristics, it is necessary to differentiate the dependence of the angular speed on time. 
Because the output signal of the sensor has a discrete character, the result of the direct differentiation of the 
angular speed dependence on time has a very high error. To reduce this error, it is necessary to average the 
results of the angular speed measurements. In our case, a moving average algorithm is used. This algorithm 
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is a popular way of measuring approximate results [19]. With digital signal processing, this algorithm is very 
effective at suppressing parasitic high-frequency components in the measuring signal. It also does not require 
a large number of calculations (such as spline-approximation), which allows it to be used in real time mode. 
The digital processing of the angular speed measurement results is carried out as follows [19]. The additive 
noise ( )n k , which has a mathematical expectation { }( ) ,E n k  is added to the angular speed value .s  Thus, 

the measurement value is described by the following expression: 
 ( ) ( )y k s n k= + ,  (11) 
where k — the measurement number; y — the measurement value of the angular speed. 

To determine the assessment of the signal using the method of least squares with the loss function: 

 [ ]2

1

( )
N

i
V y k s

=

= − , (12) 

where N  — number of measurements. 

From the condition 0
dV
ds

= , we obtain the following expression for the average value of the measure-

ment results: 

 
1

1
ˆ ( )

N

k
sN y k

N =

=  , (13) 

To obtain a recursive variant of the algorithm from expression (13), the previous estimate ˆ( 1)s N −  is 
subtracted, as outlined in the following equation: 

 [1
ˆ ˆ ˆ( ) ( 1) ( ) ( 1)s k s k y k s k

k
= − + − − . (14) 

With an increasing value of k , the influence of the individual measurement results on the ˆ( )s k  de-

creases. If the parameter constkω =  is used instead of the parameter k  in expression (14), the effect of all 
subsequent measurements will be same, and Expression (14) will take the form 

 ]1 1 1
ˆ ˆ ˆ ˆ( ) ( 1) ( ) ( 1) ( 1) ( )

ks k s k y k s k s k y k
k k k

ω

ω ω ω

−= − + − − = − +   (15) 

By experimentally selecting the kω  parameter’s value, the necessary averaging degree of the series of 
measurements is established. 

Below are the results of the experimental measurements of the induction motor’s dynamical torque-
speed characteristic (Fig. 5), electromagnetic dynamic moment’s dependence on time (Fig. 6), electromag-
netic dynamic power’s dependence on time (Fig. 7), mechanical dynamic power’s dependence on time 
(Fig. 8), and dynamic loss in rotor wind’s dependence on time (Fig. 9). The graphs show the measurement 
results in a thin line without using the moving average algorithm, in a thick line using the moving average 
algorithm. 
 

 

Figure 5. The induction motor’s dynamical torque-speed characteristic measurement result 
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Figure 6. The electromagnetic dynamic moment’s  
dependence on time 

Figure 7. The electromagnetic dynamic power’s  
dependence on time 

 

Figure 8. The mechanical dynamic power’s  
dependence on time 

Figure 9. The dynamic loss in rotor winds’  
dependence on time 

An experimental version of the computer-measuring system of the induction motor’s dynamical torque-
speed characteristics was developed. With the help of this system, the dynamical torque-speed characteristic, 
inertia moment, angular speed’s dependence on time, electromagnetic dynamic moment’s dependence on 
time, electromagnetic dynamic power’s dependence on time, mechanical dynamic power’s dependence on 
time, and dynamic loss in rotor winds’ dependence on time were measured. The proposed system had the 
following basic metrological characteristics: 

− Lower limit of angular speed measurement: 3 rad/s; 
− Upper limit of angular speed measurement: 370 rad/s; 
− Error of angular speed measurement < 1.5 %; 
− Lower limit of dynamic moment: 0 Nm; 
− Upper limit of dynamic moment: 30 Nm; 
− Error of dynamic moment measurement < 2.5 %; 
− Lower limit of inertia moment measurement: 0.0004 kg·m2; 
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− Upper limit of inertia moment measurement: 0.005 kg·m2; 
− Error of inertia moment measurement < 5 %. 
The measuring method of the rotor moment of inertia at the use of an additional flywheel and the angu-

lar speed’s dependence on time during the motor self-braking mode were proposed and implemented. 

To reduce the error of direct differentiation of the angular speed’s dependence on time a moving aver-
age algorithm was used. This enabled the improvement of the characteristics of the system in comparison 
with analogues. 
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В.Ю. Kучерук, И.П. Kурытник, Е.З. Ошанов, П.И. Kулаков,  
А.А. Семенов, Д.Ж. Kарабекова, А.К. Хасенов 

Асинхронды қозғалтқыштың айналмалы моментінің динамикалық 
сипаттамаларын компьютерлік-өлшеу жүйесі 

Мақалада асинхронды қозғалтқыштардың жəне оны іске асыру үшін компьютерлік-өлшеу жүйесінің 
айналмалы моментінің динамикалық сипаттамасын анықтаудың тиімді əдісі қарастырылды. Бұл əдіс 
қосымша маховикті қолданып жəне бұрыштық жылдамдықты динамикалық өлшеу, бастапқы, өтпелі 
процесс аяқталғаннан кейін жəне асинхронды қозғалтқыштың өзін-өзі тежеу режимінде орындалатын 
уақыт функциясы ретінде қолданылды. Өлшеу нəтижесінде алынған деректерді аппроксимациялау 
үшін жылжымалы орта алгоритмі пайдалынды. Сонымен қатар бұл жүйенің көмегімен инерция 
моменті, бұрыштық жылдамдықтың уақытқа тəуелділігі, электрмагниттік динамикалық моменттің, 
электрмагниттік динамикалық қуаттың, механикалық динамикалық қуаттың, жəне ротор желдеріндегі 
динамикалық шығындардың уақытқа тəуелділіктері өлшенеді. Мақалада ұсынылған компьютерлік-
өлшеу жүйесін пайдалана отырып, асинхронды қозғалтқыштың сипаттамаларын эксперименттік 
өлшеу нəтижелері келтірілген. Ұсынылған жүйе эксперименттік болып табылады жəне одан əрі 
оларды өндіру процесінде асинхронды қозғалтқыштарды сынау үшін пайдаланылуы мүмкін. 

Кілт сөздер: компьютерлік-өлшеу жүйесі, динамикалық жылдам-жылдамдық сипаттамасы, 
асинхронды қозғалтқыш, жылжымалы орта алгоритмі. 

 
В.Ю. Kучерук, И.П. Kурытник, Е.З. Ошанов, П.И. Kулаков,  

А.А. Семенов, Д.Ж. Kарабекова, А.К. Хасенов 

Компьютерно-измерительная система динамических характеристик  
крутящего момента асинхронного двигателя 

В статье рассмотрен эффективный метод определения динамической характеристики вращательного 
момента асинхронных двигателей и компьютерно-измерительной системы для его реализации. В этом 
методе использованы дополнительный маховик, динамические измерения угловой скорости, как 
функции времени, выполняющегося в начале, также после окончания переходного процесса и в режи-
ме самоторможения асинхронного двигателя. Для аппроксимации данных, полученных в результате 
измерений, применен алгоритм скользящего среднего. Кроме того, с помощью этой системы измеря-
ются момент инерции, а также зависимости (от времени) угловой скорости, электромагнитного дина-
мического момента, электромагнитной динамической мощности, механической динамической мощ-
ности и динамических потерь в ветрах ротора. В статье приведены результаты экспериментальных 
измерений характеристик асинхронного двигателя с использованием предложенной компьютерно-
измерительной системы. Предложенная система является экспериментальной и в дальнейшем может 
быть использована для испытаний асинхронных двигателей в процессе их производства. 

Ключевые слова: компьютерно-измерительная система, динамическая моментно-скоростная характе-
ристика, асинхронный двигатель, алгоритм скользящего. 
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